
5. Let {an } be a convegent sequence, converging to a. Let
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Prove that {bn} converges to a.

Proof: First, let M be a bound for {an}, so |an| ≤≤≤≤ M for all n.
Second, choose N so that |an - a| ≤≤≤≤ εεεε for all n ≥≥≥≥ N.

Now, for P > N
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Using (1) and (2) we get
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So choose P > N so that

1 1 12( ) ( ) | ( ) |, ,N M P N N a
P P P

ε ε− − + −< < <

Then

2 4| |Pb a ε ε ε ε− < + + = .

Since ε was arbitrary, it follows that {bn} converges to a.


